Let ¥ be a Coxeter diagram, and let 7" be a subdiagram of ¥ such that det(X \ T") # 0.
A local determinant of 3 on a subdiagram T’ is

det X
det(8,T) = ——=
tET) = T

Proposition 1.
If a Coxeter diagram X is spanned by subdiagrams Y1, Y, ..., > having a unique vertex
v in common, and no vertex of ¥; \ v is adjacent to X; \ v for i # j, then

l
det(Z,v) = 1= (det(S;,v) — 1).

i=1
Proposition 2.
If a Cozxeter diagram . is spanned by disjoint subdiagrams 31,35 connected by a unique
edge v1vo, then

det (X, (v1, 1)) = det(X1, vy) det(Xq, v2) — @,

where a is the weight of the edge vivs.

Proposition 3.
If a vertex v of ¥ is adjacent to a unique vertex u, then

(12

det(X,v) =1 — —————
et(Z,v) det(X\ v,u)’

where a is the weight of the edge uv.
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